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ered by Cayley and Brill are the only ones that exist, in the case of singular curves there are other correspondences which also can be treated completely. These singular curves are characterized by certain linear relations with integral coefficients, connecting the periods of their Abelian integrals.
Let us now turn to that side of Clebsch's method which appears to me to be the most important, and which certainly must be recognized as being of great and permanent value; I mean the generalization, obtained by Clebsch, of the whole theory of Abelian integrals to a theory of algebraic functions with several variables. By applying the methods he had developed for functions of the form f(x, y) = o, or in homogeneous co-ordinates, f(xv x^ x%) = o, to functions with four homogeneous variables f(x^ x^ x^ x^ =o, he found in 1868, that there also exists a number p that remains invariant under all rational transformations of the surface f=o. Clebsch arrives at this result by considering double integrals belonging
to the surface.
*
It is evident that this theory could not have been found from Riemann's point of view. There is no difficulty in conceiving a four-dimensional Riemann space corresponding to an equation f(x, y, z)=o. But the difficulty would lie in proving the "theorems of existence'' for such a space; and it may even be doubted whether analogous theorems hold in such a space.
While to Clebsch is due the fundamental idea of this grand generalization, the working out of this theory was left to his pupils and followers. The work was mainly carried on by Nother, who showed, in the case of algebraic surfaces, the existence of more than one invariant number p and of corresponding moduli, i.e. constants not changed by one-to-one transformations. Italian and French mathematicians, in particular Picard and Poincar^, have also contributed largely to the further development of the theory.'*                         complete study of all possible algebraic correspondences.    He
